
  LƯỢNG GIÁC 
 
CHÖÔNG III: PHÖÔNG TRÌNH BAÄC HAI VÔÙI CAÙC HAØM SOÁ LÖÔÏNG GIAÙC 
 

( )
( )
( )
( )

+ + = ≠

+ + = ≠

+ = = ≠

+ + =

2

2

2

2

a sin u bsin u c 0 a 0

a cos u b cos u c 0 a 0

atg u btgu c 0 a 0

a cot g u b cot gu c 0 a 0≠

 

 
Caùch giaûi:  
Ñaët :   hay  vôùi t sinu= t cosu= t 1≤  

  (ñieàu kieän t tgu= u k
2
π

≠ + π )  

  (ñieàu kieän t cot gu= u k≠ π  ) 
Caùc phöông trình treân thaønh: 2at bt c 0+ + =  
Giaûi phöông trình tìm ñöôïc t, so vôùi ñieàu kieän ñeå nhaän nghieäm t.  
Töø ñoù giaûi phöông trình löôïng giaùc cô baûn tìm ñöôïc u.  
 
 
Baøi 56: (Ñeà thi tuyeån sinh Ñaïi hoïc khoái A, naêm 2002)  
Tìm caùc nghieäm treân (  cuûa phöông trình  )0,2π

( )cos3x sin3x5 sin x 3 cos2x *
1 2sin2x

+⎛ ⎞+ = +⎜ ⎟+⎝ ⎠
 

Ñieàu kieän: 
1sin2x
2

≠ −  

Ta coù: ( ) ( )3 3sin 3x cos3x 3sin x 4sin x 4 cos x 3cos x+ = − + −  

( ) ( )
( ) ( )
( ) ( )

3 3

2 2

3 cos x sin x 4 cos x sin x

cos x sin x 3 4 cos x cos xsin x sin x

cos x sin x 1 2sin 2x

= − − + −

⎡ ⎤= − − + + +⎣ ⎦
= − +

 

Luùc ñoù: (*) ( ) ( )25 sin x cos x sin x 3 2cos x 1⎡ ⎤⇔ + − = +⎣ ⎦ −   

1do sin2x
2

⎛ ⎞≠ −⎜ ⎟
⎝ ⎠

 

22cos x 5cos x 2 0⇔ − + =  



( )

1cos x
2

cos x 2 loaïi

⎡ =⎢⇔ ⎢
=⎢⎣

 

x
3
π

⇔ = ± + πk2  (nhaän do 3 1sin2x
2 2

= ± ≠ − )  

Do ( )x 0,2∈ π  neân 5x x
3 3
π π

= ∨ =  

 
Baøi 57: (Ñeà thi tuyeån sinh Ñaïi hoïc khoái A, naêm 2005) 
Giaûi phöông trình: ( )2 2cos 3x.cos2x cos x 0 *− =  

 

Ta coù: (*) 
1 cos6x 1 cos2x.cos2x 0

2 2
+ +

⇔ − =  

cos6x.cos2x 1 0⇔ − =  (**)  
Caùch 1: (**)  ( )34 cos 2x 3cos2x cos2x 1 0⇔ − − =

=4 24 cos 2x 3cos 2x 1 0⇔ − −  

( )

2

2

cos 2x 1
1cos 2x voâ nghieäm
4

⎡ =
⎢⇔ ⎢ = −⎢⎣

 

( )

sin2x 0
k2x k x k Z
2

⇔ =
π

⇔ = π ⇔ = ∈
 

Caùch 2: (**) ( )1 cos8x cos4x 1 0
2

⇔ + − =  

( )

2

cos8x cos4x 2 0

2cos 4x cos4x 3 0
cos4x 1

3cos4x loaïi
2

⇔ + − =

⇔ + −

=⎡
⎢⇔
⎢ = −
⎣

=  

( )k4x k2 x k Z
2
π

⇔ = π ⇔ = ∈  

 Caùch 3: phöông trình löôïng giaùc khoâng maãu möïc:  

(**) ⇔  
cos6x cos2x 1
cos6x cos2x 1

= =⎡
⎢ = = −⎣

            Caùch 4:   + − = ⇔ +cos8x cos4x 2 0 cos8x cos4x 2=
                          ⇔ = =cos8x cos4x 1 ⇔ =cos4x 1  
 
Baøi 58: (Ñeà thi tuyeån sinh Ñaïi hoïc khoái D, naêm 2005) 

Giaûi phöông trình: 4 4 3cos x sin x cos x sin 3x 0
4 4
π π⎛ ⎞ ⎛ ⎞+ + − − −⎜ ⎟ ⎜ ⎟

⎝ ⎠ ⎝ ⎠ 2
=  



 
Ta coù:   
(*) 

( )22 2 2 2 1 3sin x cos x 2sin x cos x sin 4x sin2x 0
2 2
⎡ ⎤π⎛ ⎞⇔ + − + − + −⎜ ⎟⎢ ⎥⎝ ⎠⎣ ⎦

 
2
=

[ ]21 1 31 sin 2x cos4x sin2x 0
2 2 2

⇔ − + − + − =  

( )2 21 1 1 1sin 2x 1 2sin 2x sin2x 0
2 2 2 2

⇔ − − − + − =  

2sin 2x sin2x 2 0⇔ + −  =

( )
sin2x 1
sin2x 2 loaïi

=⎡
⇔ ⎢ = −⎣

 

π
⇔ = + π ∈

π
⇔ = + π ∈

2x k2 , k
2

x k , k
4

 

 
Baøi 59: (Ñeà th ïc khoái B, naêm 2004)  i tuyeån sinh Ñaïi ho

 ( ) (− = − 25sin x 2 3 1 sinx tg x *  )Giaûi phöông trình:

 

Khi ñoù: (*) 

cos x 0 sin x 1≠ ⇔ ≠ ±  Ñieàu kieän: 

( )
2

2
sin x5sin x 2 3 1 sin x
cos x

⇔ − = −  

( )
2

2
sin x5sin x 2 3 1 sin x

1 sin x
⇔ − = −

−
 

23sin x5sin x 2
1 sin x

⇔ − =
+

 

22sin x 3sin x 2 0⇔ + −  =

( )

( )

1sin x nhaändosin x 1
2

sin x 2 voâ nghieäm

⎡ = ≠⎢⇔ ⎢
= −⎢⎣

 
±

( )5x k2 x k2 k
6 6
π π

⇔ = + π ∨ = + π ∈  Z

 

 ( )1 12sin3x 2cos3x *
sin x cos x

− = +  Baøi 60: Giaûi phöông trình:

 

Luùc ñoù: (*) 

Ñieàu kieän: sin2x 0≠  

( ) 1 12 sin3x cos3x
sin x cos x

⇔ − = +  



( ) ( )3 3 1 12 3 sin x cos x 4 sin x cos x
sin x cos x

⎡ ⎤⇔ + − + = +⎣ ⎦  

( ) ( )2 2 sin x cos x2 sin x cos x 3 4 sin x sin x cos x cos x
sin x cos x

+⎡ ⎤⇔ + − − + =⎣ ⎦  

( ) 1sin x cos x 2 8sin x cos x 0
sin x cos x

⎡ ⎤⇔ + − + − =⎢ ⎥⎣ ⎦
 

( ) 2sin x cos x 4sin2x 2 0
sin2x

⎡ ⎤⇔ + − −⎢ ⎥⎣ ⎦
 =

( )2

tgx 1sin x cos x 0
nhaän so vôùiñieàu kieän1sin2x 1 sin2x4sin 2x 2sin2x 2 0

2

= −⎡+ =⎡ ⎢⇔ ⇔ −⎢ ⎢ = ∨ =− − =⎣ ⎣
 

π π π π
⇔ = − + π ∨ = + π ∨ = − + π ∨ = + π ∈

7x k 2x k2 2x k2 2x k2 , k
4 2 6 6

 

π π π
⇔ = ± + π ∨ = − + π ∨ = + π ∈

7x k x k x k , k
4 12 12

 

 

 
( )

( )
+ − −

=
+

2cos x 2sin x 3 2 2 cos x 1
1 *

1 sin 2x
 Baøi 61: Giaûi phöông trình:

 sin2x 1 x m
4
π

≠ − ⇔ ≠ − + π  Ñieàu kieän:

Luùc ñoù:  
(*) 22sin x cos x 3 2 cos x 2cos x 1 1 sin2x⇔ + − − = +  

22cos x 3 2 cos x 2 0⇔ − +  =

( )⇔ = =
2cos x hay cos x 2 voâ nghieäm
2

 

( )

x k2
4

x k '2 loaïi do ñieàu kieän
4

π⎡ = + π⎢
⇔ ⎢

π⎢ = − + π⎢⎣

 

x k2
4

⇔ = + π  π

 
Baøi 62: Giaûi phöông trình:   

( )x 3x x 3x 1cos x.cos .cos sin xsin sin *
2 2 2 2 2

− =  

 

Ta coù: (*) ( ) ( )1 1cos x cos2x cos x sin x cos2x cos x
2 2

1
2

⇔ + + − =  

2cos x.cos2x cos x sin x cos2x sin x cos x 1⇔ + + − =  
cos x⇔ + = − +  ( ) 2cos2x cos x sin x 1 cos x sin x

( ) ( )cos2x cos x sin x sin x sin x cos x⇔ + = +  



( ) ( ) ( )cos x sin x cos2x sin x 0 * *⇔ + − =  

( ) ( )2cos x sin x 1 2sin x sin x 0⇔ + − −  =

2

cos x sin x

2sin x sin x 1 0

= −⎡
⇔ ⎢

+ − =⎣
 

tgx 1
sin x 1

1sin x
2

⎡
⎢ = −
⎢

⇔ =⎢
⎢

=⎢
⎣

−             ( )

x k
4

x k2 k
2

5x k2 x k2
6 6

π⎡ = − + π⎢
⎢

π⎢⇔ = − + π ∈⎢
⎢ π π⎢ = + π ∨ = + π
⎢⎣

 Z

Caùch khaùc: (**) tgx 1 cos2x sin x cos x
2
π⎛ ⎞⇔ = − ∨ = = −⎜ ⎟

⎝ ⎠
 

 
 ( )34 cos x 3 2 sin2x 8cos x *+ =  Baøi 63: Giaûi phöông trình:

 
Ta coù: (*) 34 cos x 6 2 sin x cos x 8cos x 0⇔ + −  =

( )2cos x 2cos x 3 2 sin x 4 0⇔ + −  =

( )2cos x 2 1 sin x 3 2 sin x 4 0⎡ ⎤⇔ − + −⎣ ⎦  =

2cos x 0 2sin x 3 2 sin x 2 0⇔ = ∨ − + =  

( )

cos x 0

2sin x
2

sin x 2 voâ nghieäm

=⎡
⎢
⎢⇔ =⎢
⎢

=⎢⎣

 

2x k sin x sin
2 2
π π

⇔ = + π ∨ = =  
4

( )3x k x k2 x k2 k
2 4 4
π π π

⇔ = + π ∨ = + π ∨ = + π ∈  Z

Baøi 64
 

: Giaûi phöông trình:  

( )cos 2x cos 2x 4sin x 2 2 1 sin x *
4 4
π π⎛ ⎞ ⎛ ⎞+ + − + = + −⎜ ⎟ ⎜ ⎟

⎝ ⎠ ⎝ ⎠
 ( )

 

(*) ( )2cos2x.cos 4sin x 2 2 1 sin x
4
π

⇔ + = + −  

( ) ( )
( )

2

2

2 1 2sin x 4 2 sin x 2 2 0

2 2 sin x 4 2 sin x 2 0

⇔ − + + − − =

⇔ − + + =
               



( )⇔ − + + =22 sin x 2 2 1 sin x 2 0
( )⎡

⎢
si

             
=

⇔ ⎢ =⎢⎣

n x 2 loaïi
1sin x
2

 

             
π π

⇔ = + π = + π ∈
5x k2 hay x k2 , k

6 6
 

 
Baøi 65  ( ) ( )+2g x 2 2 = +23 cot sin x 2 3 2 cos x *  : Giaûi phöông trình :

 
Ñieàu kieän:

(*) 

 sin x 0 cos x 1≠ ⇔ ≠ ±  
Chia hai veá (*) cho 2sin x  ta ñöôïc:  

( )
2

4 2
cos x cos x3 2 2 2 3 2
sin x sin x

⇔ + = +  vaø sin x 0≠  

 2
cos xt
sin x

=Ñaët  ta ñöôïc phöông trình:  

( )23t 2 t 2− + +2 3 2 0

2t 2 t
3

=

⇔ = ∨ =
 

* Vôùi 2t
3

=  ta coù: 2
cos x 2

3sin x
=  

( )

( )

(co nhaän 1⎢⎣
)

2

2

3cos x 2 1 cos x

2cos x 3cos x 2 0
cos x 2 loaïi

1s x do cos x
2

⇔ = −

⇔ + − =

⎡ = −
⎢⇔ ⎢ = ≠ ±

 

( )x k2 k
3
π

⇔ = ± + π ∈  Z

* Vôùi t 2=  ta coù: =2
cos x 2
sin x

 

( )

( )

( )

⇔ = −

⇔ + − =

⎡ = −
⎢⇔ ⎢

= ≠ ±⎢⎣
π

⇔ = ± + π ∈x k2 , k

2

2

cos x 2 1 cos x

2 cos x cos x 2 0

cos x 2 loaïi

2cos x nhaän do cos x 1
2

4

 

Baøi 66

 

: Giaûi phöông trình: ( )+ − −
=

2 24 sin 2x 6sin x 9 3cos 2x 0 *
cos x

 



 
Ñieàu kieän:
Luùc ñoù:  
(*) =

 ≠cos x 0  

2 24sin 2x 6sin x 9 3cos2x 0⇔ + − −  

( ) ( )2

2

4 1 cos 2x 3 1 cos2x 9 3cos2x 0

4 cos 2x 6cos2x 2 0
1cos2x 1 cos2x
2

⇔ − + − − − =

⇔ + + =

⇔ = − ∨ = −

 

2 2 12cos x 1 1 2cos x 1
2

⇔ − = − ∨ − = −  

( )
( )

( )

cos x 0 loaïi doñieàu kieän
1cos x nhaän do cos x 0
2

2x k2 x
3

⇔ = ± + π ∨ k2 k Z
3

⎡ =
⎢⇔ ⎢ = ± ≠

π π
= ± + π ∈

 ⎢⎣

 

( ) 1 2f x sin x sin3x sin5x
3 5

= + +  Baøi 67: Cho 

( )f ' x 0=              Giaûi phöông trình: 

 
Ta coù:  

 

=

 

( )f ' x 0=  

( ) ( )

( ) ( )3 2

cos x cos3x 2cos5x 0
cos x cos5x cos3x cos5x 0

2cos3x cos2x 2cos4x cos x 0

4 cos x 3cos x cos2x 2cos 2x 1 cos x 0

⇔ + + =

⇔ + + + =

⇔ + =

⇔ − + −

 

( )
( )

⎡ ⎤⇔ − + −⎣ ⎦
⎡⎡ ⎤+ − + − =⎣ ⎦⇔ ⎢

=⎢⎣
⎡ − − =

⇔ ⎢
=⎣

±
⇔ = ∨ =

2 2

2

2

4 cos x 3 cos 2x 2 cos 2x 1 cos x 0

2 1 cos 2x 3 cos 2x 2cos 2x 1 0

cos x 0

4 cos 2x cos 2x 1 0
cos x 0

1 17cos 2x cos x 0
8

 

=

( )

1 17 1 17cos2x cos cos2x cos cos x 0
8 8

x k x k x k k Z
2 2 2

+ −
⇔ = = α ∨ = = β ∨ =

α β π
⇔ = ± + π ∨ = ± + π ∨ = + π ∈

 

 



 ( )8 8 217sin x cos x cos 2x *
16

+ =  Baøi 68: Giaûi phöông trình:

 
Ta coù:  

( )
( )

28 8 4 4 4 4

222 2 2 2 4

2
2 4

2 4

sin x cos x sin x cos x 2sin x cos x

1sin x cos x 2sin x cos x sin 2x
8

1 11 sin 2x sin 2x
2 8

11 sin 2x sin 2x
8

+ = + −

⎡ ⎤= + − −⎢ ⎥⎣ ⎦

⎛ ⎞= − −⎜ ⎟
⎝ ⎠

= − +

 

Do ñoù:  

 

( ) ( )

( )
( )

( ) ( )

⎛ ⎞⇔ − + = −⎜ ⎟
⎝ ⎠

⇔ + − =

⎡ = −
⎢⇔ ⇔ −⎢ =⎢

=

π
⇔ = ⇔ = + ∈

2 4 2

4 2

2

2

1* 16 1 sin 2x sin 2x 17 1 sin 2x
8

2sin 2x sin 2x 1 0

sin 2x 1 loaïi 1 11 cos 4x1 2 2sin 2x

cos 4x 0 x 2k 1 , k Z
8

 

 

Baøi 69

⎣ 2

( )35x xsin 5cos x.sin *
2 2

=  : Giaûi phöông trình:  

 

Nhaän xeùt thaáy: xcos 0 x k2 cos x 1
2
= ⇔ = π + π ⇔ = −  

Thay vaøo (*) ta ñöôïc:  
π⎛ ⎞ ⎛+ π = − + π⎜ ⎟ ⎜

⎝ ⎠ ⎝

5sin 5k 5.sin k
2 2

π ⎞
⎟
⎠

, khoâng thoûa k∀  

xcos
2

Do  khoâng laø nghieäm cuûa (*) neân:  

( ) ⇔ = 25x x x x* sin .cos 5 cos x.sin cos
2 2 2 2

 vaø xcos 0
2
≠  

( ) 31 5sin3x sin2x cos x.sin x
2 2

⇔ + =  vaø ≠
xcos 0  

 vaø 

2
3 33sin x 4sin x 2sin x cos x 5cos x.sin x⇔ − + = ≠

xcos 0
2

 

2 3

xcos 0
2

3 4sin x 2cos x 5cos x sin x 0

⎧ ≠⎪⇔ ⎨
⎪ − + = ∨⎩

 
=



3 2

xcos 0
2

x5cos x 4 cos x 2cos x 1 0 sin 0
2

⎧ ≠⎪⎪⇔ ⎨
⎪ − − + = ∨
⎪⎩

 
=

( ) ( )2

cos x 1
xcos x 1 5cos x cos x 1 0 sin 0
2

≠ −⎧
⎪⇔ ⎨

− + − = ∨ =⎪⎩

 

≠ −⎧
⎪
⎡⎪
⎢ =⎪
⎢⎪⇔ − +⎨⎢ = = α⎪⎢
⎪⎢

− −⎪⎢ = = β
⎣⎩

cos x 1

cos x 1

1 21cos x cos
10

1 cos
10

 

⎪⎢
1 2cos x

( )⇔ = π = ±α + π = ±β + π ∈x k2 hay x k2 hay x k2 , k Z  

 
 ( ) ( )2sin2x cot gx tg2x 4 cos x *+ =  Baøi 70: Giaûi phöông trình:

 
ieàu kieän:   vaø cos2x 1Ñ 0 cos2x 0≠ sin x 0 cos2x≠ ⇔ ≠ ∧ ≠   

Ta coù: cos x sin2xcot gx tg2x
sin x cos2x

+ = +  

cos2x cos x sin2xsin x
sin x cos2x

cos x
sin x cos2x

+
=

=
  

2cos x2sin x.cos x 4 cos x
sin x cos2x

⎛ ⎞⇔ =⎜ ⎟
⎝ ⎠

 Luùc ñoù: (*)  

( ) ( )
( )

( )

⇔ =

⇔ + = +

⇔ + = =

⇔ = − ∨ = ≠ ≠

2
2cos x 2 cos x

cos 2x
cos 2x 1 2cos 2x cos 2x 1

cos 2x 1 0 hay 1 2cos 2x
1cos 2x 1 cos 2x nhaän do cos 2x 0 vaø cos 2x 1
2

 

π
⇔ = π + π ∨ = ± + π ∈

π π
⇔ = + π ∨ = ± + π ∈

2x k2 2x k2 , k
3

x k x k , k
 

 

Baøi 71

2 6

 ( )2 6x 8x2 cos 1 3cos *
5 5
+ =  : Giaûi phöông trình:

 



⎛ ⎞ ⎛ ⎞⇔ + + =⎜ ⎟ ⎜
⎝ ⎠ ⎝

212x 4x1 cos 1 3 2 cos 1
5 5

 Ta coù : (*) − ⎟
⎠

                    ⎛ ⎞⇔ + − = ⎜ ⎟
⎝ ⎠

3 24x 4x 4x2 4 cos 3cos 3 2 cos 1
5 5 5

 −

Ñaët ( )4t cos x ñieàu kieän t 1
5

= ≤  

Ta coù phöông trình :  

( )( )

( )

3 2

3 2

2

4t 3t 2 6t 3

4t⇔ 6t 3t 5 0

t 1 4t 2t 5 0

1 21 1 21t 1 t t loïai
4 4

− + = −

− − + =

⇔ − − − =

− +
⇔ = ∨ = ∨ =

 

Vaäy  

( )

• = ⇔ = π

π
⇔ = ∈

4x 4xcos 1 2k
5 5

5kx k
2

 
Z

( )

( )

4x 1 21cos cos vôùi 0 2
5 4

4x 2
5

5 5x , Z
4 2

−
• = = α < α < π

⇔ = ±α + π

α π
⇔ = ± + ∈

l

l l

 

 

Baøi 72 ( )3tg x tgx 1 *
4
π⎛ ⎞− = −⎜ ⎟

⎝ ⎠
  : Giaûi phöông trình 

  t x x t
4 4
π π

= − ⇔ = +  Ñaët

3 1 tgttg t tg t 1 1 vôùi cos t 0 tgt 1
4 1 tgt
π +⎛ ⎞= + − = − ≠ ∧⎜ ⎟ −⎝ ⎠

 (*) thaønh :  ≠

⇔ =
−

3 2tgttg t
1 tgt

 

( )
)( )

( )
(

3 4

3 2

2

tg t tg t 2tgt

tgt tg t tg t 2 0

t 1 tg t 2tgt 2 0

tgt 0 tgt 1 nhaän so ñi àu kieän

t k t k , k
4

⇔ − =

⇔ − + =

+ − + =

⇔ = ∨ = −

π
⇔ = π∨ = − + π ∈¢

 

Vaäy (*) 

tgt tg⇔

e



x k hay x
4

⇔ = + π = k ,kπ
π ∈¢  

 

Baøi 73
4 4

4sin 2x cos 2x cos 4x (*)
tg x tg x

4 4

+
=

π π⎛ ⎞ ⎛ ⎞− +⎜ ⎟ ⎜ ⎟
⎝ ⎠ ⎝ ⎠

  : Giaûi phöông trình  

Ñieàu kieän  

sin x cos x 0 sin 2x 0
4 4 2

sin π π⎛⎪
⎜ x cos x 0 sin 2x 0

4 4 2

⎧ ⎧π π π⎛ ⎞ ⎛ ⎞ ⎛ ⎞− − ≠ − ≠⎜ ⎟ ⎜ ⎟ ⎜ ⎟⎪ ⎪⎪ ⎝ ⎠ ⎝ ⎠ ⎪ ⎝ ⎠
⎨ ⎨

π⎞ ⎛ ⎞ ⎛ ⎞⎪+ + ≠ + ≠⎟ ⎜ ⎟ ⎜ ⎟⎪ ⎪⎝ ⎠ ⎝ ⎠ ⎝ ⎠⎩ ⎩

 

±
Do :  

⇔

cos2x 0 sin 2x 1⇔ ≠ ⇔ ≠  

1 tgx 1 tgxtg x tg x . 1
4 4 1 tgx 1 tgx
π π − +⎛ ⎞ ⎛ ⎞− + =⎜ ⎟ ⎜ ⎟ + −⎝ ⎠ ⎝ ⎠

 =

Khi cos2x 0 thì :≠  
( )

( )

( )

( )

4 4 4

2 2 4

2 4

2 4

4 2

2

2
2

* sin 2x cos 2x cos 4x

1 2sin 2x cos 2x cos 4x
11 sin 4x cos 4x
2
11 1 cos 4x cos 4x
2

2 cos 4x cos 4x 1 0

cos 4x 1
1 sin 4x 11cos 4x voâ nghieäm

2
sin 4x 0
2sin 2x cos2x 0
sin 2x 0 do cos2x 0

2x k ,k x k

⇔ + =

⇔ − =

⇔ − =

⇔ − − =

⇔ − − =

⎡ =
⎢⇔ ⇔⎢ = −
⎢⎣

⇔ =
⇔ =

⇔ = ≠

⇔ = π ∈ ⇔ =¢

− =

, k
2
π

∈¢
 

 ( )4 2

1 248 1 cot g2x cot gx 0 *
cos x sin x

− − + =  ( )Baøi 74 :Giaûi phöông trình:

 
Ñieàu kieän : 
Ta coù :  

sin 2x 0≠  



( )2 2

cos2x cos x1 cot g2x cot gx 1 .
sin 2x sin x

sin 2x sin x cos2x cos x
sin x sin 2x

cos x 1 do cos x 0
2sin x cos x 2sin x

+ = +

+
=

= = ≠

 

Luùc ñoù (*) 4 4

1 148 0
cos x sin x

⇔ − −  =

4

4 4 4 4

1 1 sin x cos48
cos x sin x sin x cos x

+
⇔ = + =  

4 x

4 4 4 4

4 2 2

4 2

48sin x cos x sin x cos x

3sin 2x 1 2sin x cos x
13sin 2x sin 2x 1 0
2

⇔ = +

⇔ = −

⇔ + − =

 

( )

( )

2

2

2sin x loïai
3

1sin x nhaän do 0
2

⎡ = −⎢
⇔ ⎢

⎢ = ≠⎢⎣

 

 

( )

( )

2 2
cos 4x 0

2
kx k Z

8 4

⇔ =

π

π π
⇔ = + ∈

 

 
Baøi 75

1 11 cos 4x⇔ − =

4x kπ
⇔ = +

 : Giaûi phöông trình 

( ) ( )8 8 10 10 5sin x cos x 2 sin x cos x cos2x *
4

+ = + +  

Ta coù : (*)  

( ) ( )8 10 8 10 5sin x 2sin x cos x 2 cos x cos2x
4

⇔ − + − =  

( ) ( )

( )

8 2 8 2

8 8

8 8

5sin x 1 2sin x cos x 1 2 cos x cos2x
4

5sin x.cos2x cos x cos2x cos2x
4

4 cos2x sin x cos x 5cos2x

⇔ − − − + =

⇔ − =

⇔ − =

 



( )
( )( )

8 8

2

2

s2x 0 hay 4 sin x x 5

cos2x 0 hay 4 1 sin 2x 5
2

cos2x 0 hay 2sin 2x 1(Voâ nghieäm )

= =

= − =⎜ ⎟
⎝ ⎠

⇔ = − =

 

co cos⇔ −
4 4 4 4cos2x 0 hay 4 sin x cos x sin x cos x 5

1

⇔ = − + =

⎛ ⎞⇔

2x k ,kπ
⇔ = + π ∈¢  

2
kx ,k

4 2
π π

⇔ = + ∈¢  

( )8 84 sin x cos x 5− =Caùch khaùc: Ta coù  voâ nghieäm 

Vì ( )8 8sin x cos x 1, x− ≤ ∀  neân ( )8 84 sin x cos x 4 5, x− ≤ < ∀  

Ghi chuù : Khi gaëp phöông trình löôïng giaùc daïng R(tgx, cotgx, sin2x, cos2x, tg2x) 
vôùi R haøm höõu tyû thì ñaët t = tgx 

Luùc ñoù 
2

2 2
2t 2t 1 ttg2x ,sin2x ,cos2x

1 t 1 t 1 t2
−

= = =
− + +

 

 
Baøi 76 : (Ñeå thi tuyeån sinh Ñaïi hoïc khoái A, naêm 2003) 
Giaûi phöông trình 

( )− = + −
+

2cos 2x 1cot gx 1 sin x sin 2x *
1 tgx 2

 

Ñieàu kieän : −
Ñaët t = tgx thì (*) thaønh : 

     

sin2x 0vaø tgx 1≠ ≠  

2

22

2 2

1 t
1 1 1 t 1 2t1 t1 1 .
t 1 t 2 1 t 2 1 t

−
⎡ ⎤−+− = + − −⎢ ⎥+ + +⎣ ⎦

 

( )

( )

( ) ( ) ( )

( )
( )

( )

2

2 2 2

2

2 2

22

2 2

2t t do t 1
t 2 t 1 t

t
t 1 t 1 t

1 t 1 t 1 t t

t 1 nhaän do t 11 t 0
1 t 1 t t 2t t 1 0 voâ nghieäm

− ≠ −
+

+

⇔ − + = −

= ≠ −⎡− =⎡
⇔ ⇔ ⎢⎢ + = − − + =⎢⎣ ⎣

 

Vaäy (*)

1 t 1 t 1 .− −
⇔ = +

t 1 1+ +
2 11 t t 2t 1 −− − +

⇔ = =
+

 ⇔ ( )tgx 1 x k nhaän do sin2x 1 0
4
π

= ⇔ = + π = ≠  

 
Baøi 77  ( )+ =sin 2x 2tgx 3 *   : Giaûi phöông trình:

Ñieàu kieän : 
aët  t = tgx thì (*) thaønh : 

cos x 0≠  
Ñ



2
2t 2t 3+ =  

1 t+

) ( )

( )

( ) ( )

(

( )

⇔ + − + =

+ − =

− − + =

− + =⎣
π

⇔ = ⇔ = + π ∈

2

2

2t 2t 3 1 t 0

4t 3

1 2t t 3 0

2t t 3 0 voâ nghieäm

⇔ −3 22t 3t 0

⇔ t

=⎡
⇔ ⎢ 2

t 1

Vaäy  (*)  tgx 1 x k k Z
4

 

 
 

Baøi 78 : Giaûi phöông trình 

( )2cot gx tgx 4sin2x *
sin2x

− + =  

sin2x 0≠  Ñieàu kieän : 

Ñaët 2
2tt tgx thì : sin2x do sin2x 0 neân t 0

1 t
= = ≠

+
 ≠

(*) thaønh : 
2

2
1 8t 1 t 1t t
t t1 t t

+
− + = = +

+
 

                 

( )

( )

⇔ =
+

⇔ = ≠
+

⇔ = ⇔ = ± ≠

π⎛ ⎞⇔ = ±⎜ ⎟
⎝ ⎠

π
⇔ = ± + π ∈

2

2

4 1 do t 0
1 t
t 3 t 3 nhaän do t 0

Vaäy  (*)  tgx tg
3

x k , k
3

 

Baøi 79

2

8t 2t
1 t

 : Giaûi phöông trình 
( ) ( ) ( )1 tgx 1 sin 2x 1 tgx *− + = +  

Ñieàu kieän : 
Ñaët = tgx thì (*) thaønh : 

     

cos x 0≠  

( ) 21 t⎜ ⎟+⎝ ⎠
2t⎛1 t 1 1 t⎞− + = +  

( ) ( )2
21 t 1 t

1 t
− = +

+

( ) ( ) 2 2
2

t 1

t 1 t 1
1 t 1 t 1 t1

1 t
t 1 t 0

+
⇔

= −⎡ = −⎡
+ ⎢⎢ 1 t⎢⇔ ⇔−

− = += ⎣⎢ +⎣
⇔ = − ∨ =

 



= −⎡ π
⇔Do ñoù (*) ⇔ = − + π = π ∈⎢ =⎣

tgx 1
x k hay x k , k

tgx 0 4
 

 
Baøi 80 ( ) : Cho phöông trình ( )1 0 *+ =  cos2x 2m 1 cos x m− + +

 3m
2

=   a/ Giaûi phöông trình khi

3,
2 2
π π⎛ ⎞

⎜ ⎟
⎝ ⎠

  b/ Tìm m ñeå (*) coù nghieäm treân 

( )22 cos x 2m 1 cos x m 0− + + =  Ta coù (*) 

[ ]( )
( )

⎧ = ≤⎪⇔ ⎨
− + + =⎪⎩

2

t cos x t 1

2t 2m 1 t m 0
 

[ ]( )⎧ = ≤
⎪⇔ ⎨

= ∨ =⎪
⎩

t cos x t 1

1t t m
2

 

a/  =Khi m , phö
2
3 ông trình thaønh  

b/ 

( )

( )

)

[ ]

( ) )

π π⎛ ⎞∈ = ∈ −⎜ ⎟
⎝ ⎠

= ∉ −

⎞⇔ ∈ −⎡⎣⎝ ⎠

1 3 loaïi

3Khi x , thì cos x t [ 1, 0
2 2

1Do t 1, 0 neân
2

m 1, 0
2 2

 

 
Baøi 81

= ∨ =cos x cos x
2 2
π

⇔ = ± + π ∈x k2 k Z
3

π π⎛
⎜ ⎟

3* coù nghieäm treân ,

 : Cho phöông trình 
( ) ( ) ( )x *  2cos x 1 cos2x mcos x msin+ − =

 a/ Giaûi (*) khi m= -2 
20, π⎡ b/ Tìm m sao cho (*) coù ñuùng hai nghieäm treân 
3
⎤

⎢ ⎥⎣ ⎦
 

( ) (( ) )
( ) ( )

) (

2 2

2

2

Ta coù (*) cos x 1 2cos x 1 mcos x m 1 cos x

cos x 1 2cos x 1 mcos x m 1 cos x 0

1 2cos x 1

⇔ + − − = −

⎡ ⎤⇔

( )cos x m 0

+ − − − − =⎣ ⎦

+ −

 

i m = -2 thì (*) thaønh : 

⇔ − =

a/ Kh



( ) ( )

( )

+ + =

⇔

⇔ = π + π ∈

π⎡ ⎤ ⎡∈ = ∈⎢ ⎥ ⎢⎣ ⎦ ⎣

2cos x 1 2 cos x 1 0

cosx = -1
x k2 k Z

2 1b / Khi x 0, thì cos x t ,1
3 2

 

⎤− ⎥⎦

Nhaän xeùt raèng vôùi moãi  t  treân 1 ,1
2

⎡ ⎤−⎢ ⎥⎣ ⎦
 ta chæ tìm ñöôïc duy nhaát moät x treân 

20, π⎡ ⎤
⎢ ⎥  

3⎣ ⎦

ùng hai ghieäm treân 1 ,1
2

⎡ ⎤−⎢ ⎥⎣ ⎦
 Yeâu caàu baøi toaùn 22t 1 m 0⇔ − − =  coù ñu n

Xeùt ( ) ( )2y 2t 1 P vaø y m d= − =  

Ta coù y’ = 4t 

 
20,
3
π⎡ ⎤

⎢ ⎥⎣ ⎦
 Vaäy (*) coù ñuùng hai nghieäm treân 

1 ,1
2

⎡ ⎤−⎢ ⎥⎣ ⎦
 ⇔ (d) caét (P) taïi hai ñieåm phaân bieät treân 

 11 m
2

− < ≤  ⇔

 

Baøi 82 : Cho phöông trình ( ) ( )2 21 a tg− x 1 3a 0 1
cos x

− + + =  

1a
2

=   a/ Giaûi (1) khi 

0,
2
π⎛ ⎞

⎜ ⎟
⎝ ⎠

  b/ Tìm a ñeå (1) coù nhieàu hôn moät nghieäm treân 

Ñieàu kieän : cos x 0 x k
2
π

≠ ⇔ ≠ + π  



( ) ( ) ( )
( ) ( ) ( )

( ) ( )
( ) ( )

2 2

2 2

24a cos x 2cos x 1 a 0⇔ − + − =
2

1 1 a sin x 2cos x 1 3a cos x 0

1 a 1 cos x 2cos x 1 3a cos x 0

a 4 cos x 1 2cos x 1 0

2cos x 1 a 2cos x 1 1 0

⇔ − − + + =

⇔ − − − + + =

⇔ − − − =

⇔ − + − =⎡ ⎤⎣ ⎦

 

a/ Khi 1a
2

=  thì (1) thaønh : ( ) 12cos x 1 cos x 0
2

⎛ ⎞− − =⎜ ⎟
⎝ ⎠

 

( )

( )

1cos x cos nhaändo cos x 0
2 3

x k2 k Z
3

π
⇔ = = ≠

π
⇔ = ± + π ∈

 

b/ Khi x 0, π⎛ ⎞∈  thì 
2⎜ ⎟

⎝ ⎠
( )t 0,1= ∈  cos x

( )

( )

1cos x t 0,1
2

2a cos x 1 a 2

⎡ = = ∈⎢⇔ ⎢
= −

Ta coù : (1) 
⎢⎣

 

Yeâu caàu baøi toaùn ⇔ (2) coù nghieäm treân ( )

a 0
1 1 a0,1 \ ⎧ ⎫ 0 1
2 2a

1 a 1
2a 2

⎧
⎪ ≠
⎪ −⎪⇔ < <⎨

⎩ ⎭ ⎪
−⎪ ≠⎪⎩

 ⎨ ⎬

a 0≠⎧

( )

01 a 0
⎪ <−⎪ >

a 1 1 a 112a 3a 0 a1 3a 130 a12a 2a
2 1 a 2a 2

⎧
⎪ < ⎧ < <⎪⎪ ⎪ ⎪⇔ ⇔ < ∨ > ⇔⎨ ⎨ ⎨−⎪ ⎪ ⎪< ≠

⎪⎪ ⎪ ⎩≠⎪ ⎪− ≠ ⎩⎩

 

Caùch khaùc

⎪

cos x
1 , ñieàu kieän ; pt thaønh  u≥1 : daët  u =

( ) ( )−1 a − − + + = ⇔ − − + =2 2( u 1 ) 2u 1 3a 0 1 a u 2u 4a 0  

 
Baøi 83

⇔ − − − =( u 2) [ (1 a)u 2a ] 0  

( )cos4x 6sin x cos x m 1+ =   : Cho phöông trình  : 

 a/ Giaûi (1) khi m = 1 

0,
4
π⎡ ⎤

⎢ ⎥⎣ ⎦
   (1) coù hai nghieä  phaân bieät treân b/ Tìm m ñeå m

⇔ − +21 2sin 2x 3sin 2x m  Ta coù : (1) =



( )
( )2

t sin2x t 1

2t 3t m 1 0 2

⎧ = ≤⎪⇔⎨
− + − =⎪⎩

                

a/ Khi m = 1 thì (1) thaønh 

( ) ( )

( )2

t sin2x t 1t sin2x t 1
3t 0 t loaïi2t 3t 0
2

= ∨ =− =⎪ ⎪⎩ ⎩
ksin2x 0 x
2

⎧ = ≤⎧ = ≤⎪ ⎪⇔⎨ ⎨

π
⇔ = ⇔ =

 

[b/ Khi ]∈
⎣ ⎦

hì sin 2x t 0,1
4

 

Nhaän thaáy raèng moãi t tìm ñöôïc treân 

π⎡ ⎤∈ =⎢ ⎥x 0, t

[ ]0,1  ta chæ tìm ñöôïc duy nhaát moät 

x 0,
4
π⎡ ⎤∈  ⎢ ⎥⎣ ⎦

Ta coù : (2) ⇔
Xeùt 

 22t 3t 1 m− + + =  
[ ]2y 2t 3t 1treân 0,1= − + +  

Thì y ' 4t 3= − +  

 
[ ]0,1  Yeâu caàu baøi toaùn ⇔ (d) y = m caét taïi hai ñieåm phaân bieät treân 

172 m
8

⇔ ≤ <  

Caùch khaùc :ñaët  . Vì a = 2 > 0, neân ta coù 

          Yeâu caàu baøi toaùn ⇔

= − + −2f (x) 2t 3t m 1

 
( )f

Δ=⎧
⎪

( )

m
m

f m
S

− >
= − ≥⎪⎪

⎨ = − ≥
⎪
⎪ ≤ = ≤
⎪⎩

17 8 0
1

1 2
30 1

2 4

0 0
0

172 m
8

⇔ ≤ <  

 
Baøi 84 : Cho phöông trình 

( )5 5 24 cos x.sin x 4sin x cos x sin 4x m 1− = +  

a/ Bieát raèng  laø nghieäm cuûa (1). Haõy giaûi (1) trong tröôøng hôïp ñoù. x = π

x
8
π

= −b/ Cho bieát  laø moät nghieäm cuûa (1). Haõy tìm taát caû nghieäm cuûa (1) thoûa 

4 2x 3x 2− + <  0



( )
( ) ( )

( )

4 4 2

2 2 2 2 2

2

2

(1) 4sin x cos x cos x sin x sin 4x m

2sin2x cos x sin x cos x sin x sin 4x m

2sin2x.cos2x sin 4x m
sin 4x sin4x m 0 1

⇔ − = +

⇔ − + = +

⇔ = +

⇔ − + =

 

a/  laø nghieäm cuûa (1)  = 0 

Luùc ñoù (1) 

 
x = π 2sin 4 sin4 m⇒ π − π +
m 0⇒ =  

( )sin 4x 1 sin 4x 0⇔ − =  

( )

⇔ = ∨ =
π

⇔ = π ∨ = + π

π π π
⇔ = ∨ = + ∈

sin 4x 0 sin 4x 1

4x k 4x k2
2

k kx x k Z
4 8 2

 

b/ 
2 2

4 2
2

t x 0 t x 0x 3x 2 0
1 t 2t 3t 2 0

⎧ = ≥ ⎧ = ≥⎪− + < ⇔ ⇔⎨ ⎨
< <− + < ⎩

 
⎪⎩

( )

21 x 2 1 x 2

2 x 1 1 x 2 *

<

⇔− < < − ∨ < <
 

⇔ < < ⇔ <

π π⎛ ⎞= − = − = −⎜ ⎟
⎝ ⎠

x thì sin 4x sin 1
8 2

 

( )x laø nghieämcuûa 1 1 1 m 0
8

m 2

π
= − ⇒ + + =

⇒ = −
 

2sin 4x sin4x 2 0− − =  Luùc ñoù (1) thaønh : 
( )

( )
( )

2

t sin4x vôùi t 1

t t 2 0

t sin4x vôùi t 1

t 1 t 2 loaïi

⎧ = ≤⎪⇔ ⎨
− − =⎪⎩

⎧ = ≤⎪⇔ ⎨
= − ∨ =⎪⎩

 

sin4x 1

4x k2
2

kx
8 2

Keát hôïp vôùi ñi

⇔ = −
π

⇔ = − + π

π π
⇔ = − +

 

eàu kieän (*) suy ra k = 1 

ghieäm 3x
8 2 8
π π π

= − + =  thoûa 0 4 2x 3x 2− + <  Vaäy (1) coù n

Baøi 85 : Tìm a ñeå hai phöông trình sau töông ñöông 
( )

( ) ( ) (2 )
1 cos2x cos3x 1

4 cos x cos3x a cos x 4 a 1 cos2x 2

+ +

− = + − +
 

2cos x.cos2x =



 

( )
( )

2

Ta coù : (1) cos3x cos x 1 cos2x cos3x

cos x 1 2cos x 1

cos x 1 2cos x 0
1cos x 0 cos x
2

⇔ + = + +

⇔ = + −

⇔ − =

⇔ = ∨ =

 

( )⇔ − − =2 3Ta coù : (2) 4 cos x 4 cos x 3cos x a co ( )

( ) ( )

( )

+ −

+ − − =

⇔ ⎢
+ − + − =⎢⎣

2

2

2

s x 4 a 2 cos x

4 2a cos x a 3 cos x 0
0

4 cos x 2 2 a cos x a 3 0

 

                     

⇔ 34 cos x
=⎡cos x

[ ]⎛ ⎞⇔ = − + − =⎜ ⎟
⎝ ⎠

1cos x 0 hay cos x 2 cos x 3 a 0
2

 

−
⇔ = ∨ = ∨ =

1 acos x 0 cos x cos x
2 2

                    3

 
Vaäy yeâu caàu baøi toaùn  

a 3 0
2 a 3

a 3 1 a 4
2 2

a 1 a 5a 3 a 31 1

−⎡ =⎢
=⎡⎢

− ⎢⎢⇔ = ⇔ =⎢⎢
⎢ <

2 2

∨ >⎢ ⎣− −⎢ < − ∨ >

 

 
Baøi 86

⎢⎣

 : Cho phöông trình : cos4x = cos23x + asin2x   (*) 
a/ Giaûi phöông trì nh khi a = 1 

0,
12
π⎛ ⎞

⎜ ⎟
⎝ ⎠

 b/ Tìm a ñeå (*) coù nghieäm treân 

( ) ( ) ( )1 a* cos4x 1 cos6x 1 cos2x
2 2

⇔ = + + −  Ta coù : 

( ) ( )

( )
( ) ( )

2 3

2 3

2 2cos⇔ 2x 1 1 4 cos 2x 3cos2x a 1 cos2x

t cos2x t 1

2 2t 1 1 4t 3t a 1 t

− = + − + −

⎧ = ≤⎪⇔ ⎨
− = + − + −⎪⎩

 

( )
( )

( )
( ) ( ) ( ) ( )

3 2

2

t cos2x t 1

4t 4t 3t 3 a 1 t

1 cos2x t 1

t 1 4t 3 a 1 t * *

⎧ = ≤⎪⇔ ⎨
− + + − = −⎪⎩
⎧ = ≤⎪⇔ ⎨

− − + = −⎪⎩

 

a/ Khi a = 1 thì (*) thaønh : 



( )
( ) ( )

( )
2

t cos2x t 1
t 1 4t 4 0 t 1

t cos2x t 1⎧ = ≤ ⎧ = ≤

− − + = = ±⎪⎪ ⎩⎩
 ⎪ ⎪⇔⎨ ⎨

( )

⇔ = ± ⇔ =
π

⇔ = ⇔ = π ⇔ = ∈

2cos 2x 1 cos 2x 1
ksin 2x 0 2x k x , k Z
2

 

3x 0, 2x 0, .Vaäy c
6

⎛ ⎞∈ ⎜ ⎟
⎝ ⎠

os2x t ,1
12 2

⎛ ⎞π π⎛ ⎞∈ ⇔ = ∈ ⎜ ⎟⎜ ⎟ ⎜ ⎟
⎝ ⎠

 

− + = −

⇔ − = ≠2

b/ Ta coù : 
⎝ ⎠

2(⇔ ) ( ) ( )

( )

Vaäy (**) t-1 4t 3 a 1 t

4t 3 a do t 1
 

eùt ( )2 3y P4t 3 treân ,1
2

⎛ ⎞
= − ⎜ ⎟⎜ ⎟

⎝ ⎠
 X

3y ' 8t 0 t ,1
2

⎛ ⎞
⇒ = > ∀ ∈ ⎜ ⎟⎜ ⎟

⎝ ⎠
 

ñ ù (*) coù nghieäm treâ  ( ) ( )
⎛ ⎞π⎛ ⎞ ⇔ = ⎜ ⎟⎜ ⎟ ⎜ ⎟⎝ ⎠ ⎝ ⎠

30, d : y a caét P treân ,1
2 2

 Do o n

( )3y a y
2

0 a 1

1<⎜ ⎟⎜ ⎟
⎝ ⎠
< <

 

 

BAØI TAÄP

⎛ ⎞
⇔ <

⇔

 
ûi ùc phöông trình sau : 1.  Gia  ca

 a/ sin4x = tgx 

 b/ 4 4 4 9sin π πx sin x x sin x
4 4 8

⎛ ⎞ ⎛ ⎞+ + + − =⎜ ⎟ ⎜ ⎟
⎝ ⎠ ⎝ ⎠

 

 c/ tgx cot gx 4+ =  

 d/ 
( ) 2sin x 3 2 2cos x 2sin x 1

1
1 sin2x

− − −
=

−
 

 e/ 44 cos x 3 2 sin2x 8cos x+ =  

 f/ 1 1 2
cos sin2x sin4x

+ =  
x

 g/ sin2x 2 sin x 1
4
π⎛ ⎞+ −⎜ ⎟

⎝ ⎠
 =

 h/ ( ) ( )2 2sin x 1 4 sin x 1 cos 2x sin 2x
4 4
π π⎛ ⎞ ⎛ ⎞− = − − + − +⎜ ⎟ ⎜ ⎟

⎝ ⎠ ⎝ ⎠
 

 k/ 24xcos cos x
3

=  

 l/ xtg .cos x sin2x 0
2

+ =  



 m/ 1 3tgx 2sin2x+ =  
 n/ cot gx tgx 2tg2x= +  

 p/ + =2 3x 4x2cos 1 3cos
5 5

 

  q/ = 23cos4x 2cos 3x 1−

 r/ 2 3x2cos 1 3cos2x+ =  
2

x s/ cos x tg 1
2

+ =  

 t/

 u/ 

 23tg2x 4tg3x tg 3x.tg2x− =  
2 3cos x.cos4x cos2x.cos3x cos 4x

2
+ +  =

 v/ 2 2 2 2 3cos x cos 2x cos 3x cos 4x
2

+ + + =  

 w/

x/

 sin4x tgx=  

 6 6 213cos x sin x cos 2x
8

+ =   

 y/ 3 x 1 3xsinπ π⎞ ⎛ ⎞− = +  sin
2

⎛
⎜ ⎟ ⎜ ⎟

⎠
         ( 1 ) 

a/ Giaûi phöông trình khi a = 1. 

                

10 2 2 10⎝ ⎠ ⎝
.  6 6sin x cos x a sin 2x+ =2

 
1a
4

≥ )  b/ Tìm a ñeå (1) coù nghieäm              (ÑS : 

3.  Cho phöông trình  

 ( )
6 6

2 2
cos x sin x 2mtg2x 1
cos x sin x

+
=

−
 

 a/ Giaûi phöông trình khi m = 1
8

 

1m
8

≥ b/ Tìm m sao cho (1) coù nghieäm                   (ÑS : ) 

. 

                                                     

4  Tìm m ñeå phöông trình 
x kπ   sin4x mtgx coù nghieäm= ≠

1ÑS : m 4
2

⎛ ⎞− < <⎜ ⎟
⎝ ⎠

 

5.  Tìm m ñeå phöông trình : 
 

 coù ñuùng 7 nghieäm treân 

 cos3x cos2x mcosx 1− + − = 0

,2
2
π⎛ ⎞− π⎜ ⎟

⎝ ⎠
             ( )ÑS :1 m 3< <  

6.  Tìm m ñeå phöông trình : 

( ) ( )4 44 sin x cos 6 6 2x 4 sin x c 4x mos x sin− + =  coù nghieäm + −

1ÑS : m 1
8

⎛ ⎞− ≤ ≤                                                  ⎜
⎝

⎟
⎠

 



7.  Cho phöông trình : 
2 2 26sin x sin x mcos 2x− =       (1) 

 a/ Giaûi phöông trình khi m = 3 
 b/ Tìm m ñeå (1) coù nghieäm                       ( )ÑS :m 0≥  

8.  Tìm m ñeå phöông trình : 
( )4 22m 1msin x cos4x sin4x sin x 0

4 4
+

+ + −   =

 coù hai nghieäm phaân bieät treân ,
4 2
π π⎛ ⎞

⎜ ⎟
⎝ ⎠

 

1ÑS :2 5 4 m
2

⎛ ⎞− < <⎜ ⎟
⎝ ⎠

                                                    

9.  Tìm m ñeå phöông trình : 
  coù nghieäm 

                                                           

( )6 6 4 4sin x cos x m sin x cos x+ = +

1ÑS : m 1
2

⎛ ⎞≤ ≤⎜ ⎟
⎝ ⎠

 

10.  Cho phöông trình : 
 

 Tìm a ñeå phöông trình coù nghieäm 

2 2cos4x cos 3x a sin x= +  

x 0,
2
π⎛ ⎞∈ ⎜ ⎟

⎝ ⎠
 

( )ÑS :0 a 1< <                                                          
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